Abstract. In the second part of this paper, we use the theory described in the first part to construct an example of a counterintuitive phenomenon. We show how to produce examples of filtered systems in the stable module category stmod(kG) which do not lift to filtered systems in the module category mod(kG). Our main tool is the Extended Milnor Sequence, a five-term exact sequence which specializes to the classical Milnor sequence under certain countability conditions. (2000): 16Gxx.
Introduction
In the first part of this paper, we established the machinery for understanding the connection between phantom maps and purity in modular representation theory. This second part is devoted to using this theory to provide examples of a phenomenon which it might be tempting to suppose could not exist. Our main tool will be the spectral sequence
This spectral sequence has been studied by Christensen (see [2] ) in relation to purity and phantom maps in the derived category of a ring. The result about the phantom filtration is from his work. One of the new features in our work is the Extended Milnor Sequence and the explicit description of the transgression d We have an explicit method of producing examples where we can show that the former occurs, and this leads to the proof of Theorem 1.1. We do not currently have any example where we can prove that there is a nonzero twofold phantom map. A more precise version of Theorem 1.1 is as follows: 
Extended Milnor Sequence
Let {M α } α be a filtered system of finitely generated kG-modules. Associated to it is the standard pure-projective resolution of the colimit M = lim 
